DIVERGENT SERIES AND CONTINUED FRACTIONS.   133
at the origin into a Maclaurin's series 2ct^\ Now if a ray is drawn from the origin through the pole an and the portion of the ray between an and oo is retained as a cut, the mth term of (7) can be expanded into a series of polynomials
which converges over the plane so cut.    The series (7) can therefore be resolved into a double series
-A.
and this expression will be valid on an infinity of rays from the origin which do not pass through any of the poles. Since, moreover, the poles are an enumerable set of points, these rays will be infinitely dense between any two arguments which may be taken. By further conditioning the An, Borel is able to rearrange the terms of the double series so as to form a series of polynomials in which
and in this way he obtains a series of polynomials which is convergent on a dense set of rays through the origin.
It also appears that the polynomial series 2 Qn(z) can be formed directly from 2c#* without the intervention of (7). When, therefore a Maclaurin's series is given which corresponds to such an expression (7) as is now under discussion, the continuation of the function can be made along the above set of rays. Now the rays cut any curve upon which either (7) or 2 Qn(z) defines a continuous function in a set of points everywhere dense. The value of the function along the entire curve therefore depends only upon the coefficients ct.; i. e., upon the value of the function and its derivatives at the origin. It is shown, moreover, that any point of the fflane which is not a point of condensation of the poles an maynalytic function will be still more complete.
